BAN NANG KHIEU TRUGNG THI

NGUYEN DUC DONG - TRAN HUYEN - NGUYEN VAN ViNH

PHUONG PHAP TRAC IIGHIEH .
@ KHAOQ SAT

HAM SO

| \ < BOI DUGNG HOC mulmﬁ. GIO!I l 2 _

/< ON THI TU TAI VA GAC Ki THI QUOC GIA

fl.'lr1

uuuuu




BAN GV NANG KHIEU TRUONG THI
’ ~ ~ - S
NGUYEN PUC PONG - TRAN HUYEN - NGUYEN VAN VINH

PHUGNG PHAP TRAC NGHIEM ,
KHAO SAT HAM SO

¢ Boi dudng hoc sinh kha gidi 12
Luy@n thi ti tai va cac ki thi Qudc gia

<GIAN LUQC GIAO KHOA CHUAN B| KIEN THUC T0I THIEU
<HUGNG DAN TRA LOI 250 CAU TRAC NGHIEM KHACH QUAN
<9 PHUONG PHAP CHUYEN DE GIAI TOAN Ty LUAN

NHA XUAT BAN PAI HOC QUAC GIA HA NOI



LOI NOI DAU

Phuong phap trac nghacm khach quan (trae nghiem) dé tham dinh kit qua hoe
tong gito duc nol neng da duge hau het cae nuoe oo nen khoa hoe va Ky thuat tien
tren hanh tinh chung ta ap dung dan tra to thap seen 60 den gan cuor the ky XX, Rl
ket khi o Phap o Ban Stanford Binet va dai tky e tén nha khoa hoce tam |y Al
Bioet O Anh vao nam 1916 Lewis Terman da ~oan mot loat bar trac nghic tr |
Stanlord Binet ueng Anh do chinh ong dich thua

et cau cae dang cau hoi trac nghiem (OBJECTIVE TEST) gom 5 loan : Cau gh
d6i (MATCHING ITEMS ky hicu la M.I), Cau dién khuyét (SUPPLY ITEMS ky h
v 8., Cau tra 16i ngian (SHORT ANSWER kv hieu o S.A), Cau ding sai (YES |
QUESTIONS kv hicu Y-N.Qi). Cau nhi¢u lua chon (MULTIPLE CHOI
QUESTIONS  ky lucu la ML.C.Q). Trong do cau nhié¢u lua chon M.C.Q la duyce
dung nhiéu hon ea - no doi hoi thi sinh phar nhan dinh nhanh va chinh xice, dé tm
ditnh dau vao 1 trong 4 hodc 5 phugng an tra lor ma thue tri cua phuong an da chor
luon dung hoac ding nhit (ot nhat). Cau MLC.Q ¢ tinh phéo dung han hét trong cic
thi cap quoe gia bai vi : ban than cau Y-N.Q Ia tuing hop rieng cua cau M.C.Q v¢
phuong an tra lot va rvieng no the hicn su kien thiet cau trie cao trong maon Todn va
mon Tu nhien Khae <o varn ciae kiea cau MI; SI; SA

Trong khi soan cic cau triac nghiem, nguai ta thaong lam cho cic phuong an nhi
t6 ra ¢6 ly va hap dian nhu hoidc hon cic phuong an diing. Cic ciau hoi ngi,
dai, kho - dé sé bu trit nhau xuyén suét chuong trinh bang khéi lugng 1én ¢
hoi trong mgt dé thi, néu mot hoc sinh nam ving Iy thuyét va da rén luyén qua cice
tap G luan xuven suot, th vice chon cau tra loi dung nhat (1oL nhat luon luon dé da
Vi cite e da, sach duoe chia 2 phan rieng bict cho quyen khao sit ham so theo 9 chu
de, trong moi chuyen dé duse phan nho ra cdae hang muc :

- Giin luge kién thie toi thiéu.

Giai bai tap va toan thi luéon ¢6 phuong phap kém theo.
Cac cau hoi triac nghi¢m mau.

Chia khéa tridc nghiém.

Hudng din giai va tra 18i cac cau trac nghiém.

Phuong phap trac nghiem muon dat duge hicu qua tot chi khi phuong phip giai b
o luan dia phai duge ren luyén nhuan nhuyen trong qua trinh hoe va on tap. Nghia
phuong phip trice nghiém ludn dap ting mot 1é 18i thi e tién tién khich qu
ma phuung phap ty luian dia vé hinh chung trd thanh phuong phip tién t
nghi¢m, hic do vice hoe va thi fuon fudn dat ket qua cao hun.

Cang su dung phuong phiip trac nghicm thi ngas hoe cang phai chuan b kién tha
thuyet rong va chinh xac, ky nang giai ban tip cang phait nhanh le hon de diap dng
Kkhoi hugng lon cua so6 cau hoi d¢ 1a. Ngoai ra tinh quan s:it nhay beén ngon ngir luon d
hoat dong sinh dong dé hria chon cac phuong in va 101 chinh xic va kip thoi. Th
thoang vice nhan xét cau trac nghicm bang trre quan sinh dong viv su dung phép the
va i tien lui han phép giai kinh dien khi chon phuong in dung nhat (16t nhat) dé tra
ciu hor trac nghicm.

Ching o1 xin biét on quy tac gia v dong nghicp ¢6 sich, bio va ciace de thi da
trong va ngoai nude .~ ma chung toi da tham khao trong suot quai trinh soan sich.

Xin don nhan moi y kién dong gop cho bo sich trong lin xuat ban dau ticn nay deé
xuat ban hién sau bo sach s¢ hoan chinh hon.

Chu bién : NGUYEN DUC DPONG



BANG KE CAC KY HIEU VA CHU VIET TAT TRONG SACH

CAC KY HIEU TOAN HOC

TU VIET TAT

=> @ (i) tuong duong

= : i) kéo theo
= : khong tuong duong
» : khong kéo theo
- dong nhat
t : khong dong nhat
[ : chu ky cua ham f
), Dy tap xidc dinh cua ham f
(D) : tap gid tri cua ham f

N = {0: 1; 2; 3; ...} - tap edc s0 e nhién

Zo=1{..-2.-1,0; 1: 2, .| :tap cic so
uyén

7' =11:2:3; ... = N : tap cic s0 nguveén
ng

2 : tap cdc sé lu‘ru’ty

Q— . tap cdc s6 vo ty

R : tap cdce so thue

X : tap cdc s6 thuc khdc khong
/. tap cdc s6 nguyén to.

.+ b:achia hét cho b

.7 b : a khong chia hét cho b
3 : tap rong

e a=bmod m)exta - b)
¢ DN : dinh nghia

e DL : dinh ly

e HQ : hé qua

e CMR : chung minh rang

e B, : budci

e TH; : truong hop i

o VT :
e VP : v phai

e BDT : bat dang thie

e ycbt : yéu cau bai toin

Ve Ll

e dpem : dicu phai ching minh
e gt : giu thiet

e KL : kot luan

e ~ (A) : phu dinh ménh dé A
e T : chu ky him hoan toan

¢ US : udc so

e BS : boi s0

e KSHS : khao sdt ham so




Phan 1. KHRO SAT HAM SO THEO CHUYEN Pé

Chuven dé 1
DIEM CO DINH CUA HO (C.,) VA UNG DUNG CUA NO
TRONG KHAO SAT HAM SO

A. GIAN LUOC KIEN THUC TOI THIEU

Gia su da cho ham s6 thue ¢d cong thue - v = fx), véi m La tham so
trade Lade do dng vol moi gia tri cua m tdude tuong dng mot ham sé
the, Vav khi m thay doi ta sé duge mot ho cae do thi (C v = £,0x) hay
duong cong O ).

Khi xét ho duong cong (€, v = [0t ba tham s0) thudong nguol ta
no duor har quan diem Qb

QD, :Lay dang cua doi s0 x (bicn =00 Lun chuan trong biéu thuae b
Fooxo hay fixy s ta 6 bai todn do thi ¢haun boe hai, ham bae ba, ham bace L

o haw tv, haom vo ty, haon luong giae. hoon luong gide nguoe, ham

QD, : Lav dang cua tham so m lam chuin trong biéu thie ham Foom)
Fino (nghia 1a ta da trdo doi vair tro cua x cho mj @ ta ¢é bai todn (dién
dinh, bao hinh cua ho dutng cong...).

(i hai quan diém bo sung cho nhau. xiav dung nén tang dep dé cho K
it Ham so. O day ta xay dung bad tan Didm ed dinh va dng dung t
quan dicm tha nhi - Lay dang cua tham =0 chuan trong sudét qua trinh
luan

Goi Mix: y,o la diem trong mat phang Oxy ma ho duvng cong (C,) 1y = f
di qua no, ta co

yy = filx0)
Khi xem 1) Lo phuong trimh vai an =0 Lo, hay
(BN
e Fum) =0

Dén day ta o ba truomg hop tuy theo so nghicm cua (2) ¢

e TH, : Phuong trinh (2) nghi¢cm dang ~m khi va ehin khi moi du
cong (C,) déu di qua M. Lic do, ta noi Mix.; y,) la diém ¢6 dinh cua
dutng cong (C, ) vm

e TH, : Phuong trinh (2) vo nghicim khi va chr khi khong ¢6 duong c
(C,0 nao di qua M.

e TH, : Phuong trinh (2) ¢c6 n nghiem phan biét khi va chi khi ¢é n du
conyg (C,,) qua M.

i

Ghi chu : Kh (C) la ho duong thange thi cae khai niém trén khong t
dot.



\ai 1 : TIM PIEM CO PINH MA HQ (C..) LUON Pl QUA VGI MQI m

PHUONG PHAP GIAI TOAN
PHUONG PHAP 1 (SU DUNG PHUUNG TRINH VO DINH)

Co so cua phuong phdp 1a dua vao dang cua tham sé m, dé dua (2) vé mot
kha nang sau tam goi la (3); déng thoi dp dat (3) vo s6 nghiém, qua hai
dc :

B, : Bién déi (2) nhu sau vdi :

e Tham sd m bac nhat

(2)

o F(m)=2 B=0 vm 3);, 3 & j(()) (I

¢ Tham sé m .ac hai

il

(2)

o Fm=Am*+Bm+C=0 vm (3); (3) o (I)

Qw »
I
o O o

e Tuong tu cho cdc tham sé bac cao hon hai.

°« .

B, : Giai cdc phuong trinh (I); ta tim duge cdc (x,; y,) tuong img va lic dé :
(Xo; Yo) 12 cdc diém c¢& dinh trong ycbt.

Ghi chu : Twong ti khi ho duong cong cé nhiéu tham sé.

PHUONG PHAP 2 (SU DUNG DAO HAM THAM S0) _

Co sd cia phuong phdp tim diém ¢é dinh (x,; y,) cia (C,,) : y = f.(x) gomn
1 bude co ban :

B; : Goi M(xy; yy) 1a diém ¢6 dinh ma (C,,) qua.

Taco:yy=faxy) < Fm)=0 dF, (m) (dao ham theo bién m).
m '
B, : Giai hé phuung trinh sau véi x,, y, 12 an sé.
dF, (m)
=0 Vm Xp =a
J din = { ¢
Yo =

Yo = fm(xo)

= C4c M(a; b) 1a cdc diém cé dinh trong ycbt.

L

BAI TAP VA TOAN THI TU LUAN
S |
Tim diém cé dinh ma ho dudng thing sau di qua; vm :

) m+1 m?
(d,) : y=|—- X+ ——.
m°+m+1 m°+m+1

Giai

Goi (x,; yy) 1a diém ¢é dinh ma ho (d,,) qua Vm, ta cé :



nd

Y = ( mel }x 4 me gy
mfim+1/ 0 momel _
> Fimy=(y,-1m* +(y, - xom+v, x =0 ¥m
lyg-1=0 o -
a6 Yy~ %y =0 o {xo :}u ?Xe) -
Yo - X0 =0 ¥a=1 = 1
Vay (d,,) luén qua diém M(1; 1) v (yebt,
Bai 2

Ching minh dé thi (C,) @ y =(1-2n)x° 3 - x +5m -2 (1) luon di
qua hai diém ¢6 dinh véi moi m.

Giai
e PP,: Goi Alx,; y)) 1a diém ¢6 dinh ma (C,,) di qua ¥m thi (1) cho :
yo =1 - 2m)x'§ -3(m +Dx, +5m -2 wm

= Fam) = (2x2 +3x5 -5m+y, - x5 +3x, +2=0 ¥Ym (2)
_ ~ X2 +3%,+2=0 (3)

Phuong trinh (2) cé nghié¢m vmm < y02 A

ZXO + SXO - 5 = 0 (4)

XOzl tU(3):3y0=_4

4) & 5 47
Xo = —— tU (3) = = —
0 2 Yo 4

Vay : vm thi (C,,) luén di qua hai diém cé dinh : A(1; -4), Ag(-‘g‘; %7—)
e PP,: Toa dd diém cd dinh A(x,; yo») 12 nghiém cua hé :

Ej_f‘.;fl““’ =0 2x2 +3x, -5=0
m 5 )
Yo = f(xg;m) yo =(1-2m)x; -3m+1)xy +5m-2=0
. - 5
Xy & 1§ ©T g
o {0 hay 2
yO = -4 N 47
Yo © 4'
. 5 47 . awd o e . A .
Vay : A|(1; -4) va A, _—-2-; 4 la hai diém c¢o dinh cuia ma ho (C,,) luén
di qua vm.
Bai 3
— 2 — ‘ %
Chohamsé: y = x2 i (1, Ching minh rdng ho do thi cia ham
X+ m
sé trén luén di qua hai diém ¢8 dinh véi moi m # 0 va m = -6.
Giai
2
2 4 2 4(2x+m)



Tm -0 L ,
H ham suy bién la dang duong thang .
U_m = -6 )
Vay : vim « 0 va m # -6 thi (C,)) luon di qua hai diem co dinh Aj0: 11 va
o PP,:Tacé: (y, + Dm +2x,y, + X5 X, =0
df(x,: m)
I B
Nén : dm o
yo = f(Xxg;m)

lyO +1=0 f)’n:‘l
) . § ;
12"05”0 +Xg - %, =0 lxn =0 . x, 3

Vay : (0; -1) va (3; -1) la hai diém ¢6 dinh cua (C,,) v # 0; -6.
Bai 4
Tim nhimg diém ¢é dinh M(x,; y,) ma (D,) qua :

(D,) : xcosu + ysina - 3cosu + sinu - 1 = 0.

; SN |

- Giai

M(x.; yvo) € (D) : x,cosu + yysina - 3cosu + sinu — 1 = 0

< Flu) = (x, = 3)cosu + (v, + Disina =1 (1)

Phuong trinh (1) ¢6 nghiémvu (D,

S (Xo—3V+(y,+ 1721

Hay nhimg diém M ¢ trén (C) va ngoai (C)
thi (D,,) di qua. V61 (C) la duong tron tam [(3;
~-1) ban kinh R = 1.

|3 -3)cosa + (-1 + 1)y, -

Péy:dll;(D)= IH= =1
\/coszcx +sin’a

= IH=R
Vay : (D,) tiép xic (C); V.

Loai 2 : TAP HGP DPIEM MA KHONG CO (C,) NAO Bl QUA NO CA
B. PHUONG PHAP GIAI TOAN

Co sd cua phuong phap la su dung ménh
dé pha dinh cho ménh dé (C,) qua M(x,; y,)

F 3
cd dinh. Nghia ia khi (C,)) da qua M(x,: v,); Y

v

1

”
vm. Thi khéong co (C,) nao di qua tat ca (Cu) £
nhing diém la phan bu cia M trén dusng /\ m /

thang (d) : x = x,.

- - . Yo
Cach khic ta néi tap hop nhimg diém ma M
khong ¢6 (C,,) nao di qua né la mot phan
‘ - X = X e %
duong thang (d) : (1 o
Y#Y¥o

8




The hien cu the bang phep toan. ta lam b oo ea ban

B, : Goi Mix o vo la diem ma o 0 v = 1« qua ta duoe

g Raldnad 2 Fone o !
B.: Apdat cyvo nghiém. tay thuoe dang 0o o m nhu =au
. . . i\ »
e Fimi=Am+ B =00 nghiem oo I’ ay
51
e Fimi= Am”  Bm o C =0 (v aghen
A =0 ‘
<» B =0 hav | , il
» BT - 4AC 6
C 20
o Fumi=Acosm + Bsinm - C = 00vongluens w0 A B ¢ D
B, : Giai hé (D), ta co tap hop can tim trong voin
Ghi chua :
O F.am - Am? - Bm® = Cm =D = 0 c06 nghiom
, A=0
A = 0 1
: 'B-0 . ‘ o _ ,
' i3 70 = f(‘ p N phuong trinh bae ba luon co it nliat nio
(" - 4dBD <0 '\D¢O

nglicnii.
O Trong cac tiem can co the co duoc cia (Crooy o= fix) che co ticm can

W, .\

i

ngang la co giao diem voi (C). Do do dér vor ham hiu ty dang v -

thi .

e Ticm can co dinh khong nam ngang cua 'C, ) luon la tap hop ca
ciem ma (C o khong the di qua; tm.

o Viee tim them cace dicm co dinli ma C o khong the di qua tm du
quy ve ap dat phuong trinh sau co nghicm -

VU X)) =u, tx)=0 < Gixi=0vo nghiém.
- ; Ax? + Bx+ C :
O Dic bict ki (C) :y =~ e ™ g duu ve dang
by + ¢
v iy 20
(Cl:y=ac+ fi+ " : X .
by + ¢ e b, e hang so

v

=¥ =k * i &= ot la tap hop nhung diem ma mot (C,0 kliong th

di qua

L e PO — sty ot o Sy e L




>. BAI TAP VA TOAN THI TY LUAN
3ai 1

Tim tap hop nhing diém trong mat phang (Oxy) ma ho duong cong
P,) @y = fix) = mx? —4(m+ 1)x + 3m + 1, khong thé di qua véi moi gid tri
‘ua tham sé m = 0.

Giai
» Cach 1 : (PHUUNG PHAP PHAN BU CUA CAC PIEM €O DINID
Goi (x4; yo) la diém ma (P,) di qua vYm 2 0. Ta ¢6 : .
(C,.) cho : Fim) = (x?, -4xy+3m-4x,+1-y, =0 vin =z 0

2—— = :1 :3
- {XO 4XO +3 0 P {XO e xO

-4xy+1-y, =0 Yo =1-4x, s § ;
1 i
Xg = Xg =3 o ;
=N { 0 v { 0 1 3 "x

Yo =-3 Yo = -11 -3} YA |

Do dé : (1; -3) va (3; ~11) 1a hai diém ¢& dinh ma ; . E .

P,.) di qua; Vin 2 0. i( 2) ‘( '

Vay : hai phan duong thing sau la tap hgp cdc “11 SXB

liém ¢6 dinh ma (P,,) khong di qua; vm = 0. § :
i 1

=3 . =1
(dy): X ;o (dy): X (xem hinh bén).
y = -11 y # -3

Cdch 2 : (AP PAT PHUONG TRINH PAC TRUNG CHO DIEM CO DINH LUON LUON
'O NGHIEM)
Tuong ty : Fim) = (x2 - 4xy +3m-4xy +1 -y, =0 (m = 0) vé nghiém
2 _ — Xq =1 X = 3
o Xg -4x5+3=0 - 0 y 0
~-4x5+1-yo 20 Yo # -3 Yo # —11

Ta ciing ¢6 két luan nhu trén.
3ai 2

Tim tap hgp cdc diém ma ho dé thi (C,,) cia ham sé :

i 2 s —— &
- W= Lx =2y khong thé di qua V.

x-1
Giai
Ta viét (C,,), nhu sau : iyl A -2 g 4m
1lm-1/m -3 -3m - 3
y=(m-1)x+m-3 - §(~l-1«1f1-1) .
x -—

J Khim+1#20c m=-1. Lic dé do thi (C,,) 1a duong cong cé x = 1 la tiém
an dimg (cd dinh) va y = (m - 1)x + m - 3 1a tiém can xién (luu dong).

0



